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In a method for a variable-length communications system
including encoding a message and decoding a data bit
stream, the message includes a plurality of message blocks.
A message block of the message is encoded by generating a
parity check bit stream, flipping the parity check bit stream,
and appending the flipped parity check bit stream to the end
of the message block. When a data bit stream is received, a
guessed message block and a guessed flipped parity check
bit stream are extracted based on a guessed message block
length. A parity check bit stream is generated for the guessed
message block and then flipped. If the flipped parity check
bit stream is the same as the guessed flipped parity check bit
stream, the message block has been identified. Otherwise,
the guessed message block length is increased by 1 and the
above step is repeated.
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CYCLIC REDUNDANCY CHECK
MODIFICATION FOR MESSAGE LENGTH
DETECTION AND ERROR DETECTION

FIELD OF THE INVENTION

This invention is in general related to a cyclic redundancy
check method for message length detection in a variable-
length communications system and, more particularly, to a
modified cyclic redundancy check method that has a low
false detection probability.

BACKGROUND OF THE INVENTION

In a digital communications system, such as a CDMA
(Code Division Multiple Access) system, a data bit stream
comprising a stream of binary bits representing a message is
transmitted by a transmitter, travels through a data channel,
and is received by a receiver. The data bit stream is generally
composed of a number of message blocks. If the length of
a message block is not fixed, the system may be referred to
as a variable-length communications system. In such a
variable-length system, additional length information of
each message block is generally required for the receiver to
identify each message block and extract the message from
the received data bit stream. A conventional method of a
variable-length communications system designates a sepa-
rate channel as a control channel for transmitting length
information of each message block. Thus, when the receiver
receives both the length information and the data bit stream,
the receiver identifies the corresponding message blocks
based on the length information, and de-blocks the data bit
stream.

The conventional method also generally utilizes cyclic
redundancy check (CRC) bits for error detection purposes.
In particular, a fixed number of CRC bits are appended to the
end of each message block and have a predetermined
relationship with the corresponding message block. The
receiver receives both the message block and the CRC bits
following that message block, and tries to re-establish the
relationship therebetween. If the relationship is satisfied, the
message block is considered without error. Otherwise, an
error has occurred during the transmission of that block.
This method is further explained in greater detail below.

First, a CRC generating polynomial, g(x), of order I, is
chosen. A common way of choosing the CRC generating
polynomial is that g,(x) should satisfy ged(g,(x)x")=1 for
each and every i between 0 and |, inclusive, wherein | and
i are integers, and the function ged(A(x),B(x)) is defined as
the greatest common divider of polynomials A(x) and B(x).
Examples of suitable g,(x) include g,(x)=x"+:>+x>+x+1 for
1=4; g (x)=x"+x%+x*+1 for I=7; go(X)=x3+x"+x*x+x+1 for
1=8; and g, ,(x)=x"*+x' x> +3%4x+1 for I=12. The informa-
tion of CRC generating polynomial is stored in both the
transmitter and the receiver.

For illustration purposes, a binary polynomial is defined
for each binary bit stream as follows: if a binary bit stream
A includes t binary bits, a, ;, a, ,, . . ., @, wherein t is an
integer, the binary polynomial of A is denoted as A(x) and
A(X)=a,_x"'4a, x4+ . .. 4a,. Also for illustration pur-
poses, binary bit stream A is said to satisfy the CRC
condition if A(x) is divisible by g,(x). Two binary bit streams
A and B are said to satisfy the CRC condition if X A(x)+B(x)
is divisible by g,x), wherein s is the number of hits
contained in bit stream B. It is well known to one skilled in
the art that when, for example, a polynomial A(x) is divisible
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2

by another polynomial g,(x), remainder of A(x) divided by
g,(x) is 0, and it may be said that g,(x) divides A(x), denoted
as g(X)A(X).

Next, for a message block M containing k bits of binary
information, m,_,, m,_,, . . . , My, a parity check bit stream
P including 1 parity check bits, or CRC bits, p,_;, p,_zs - - -
, Doy 1s generated such that M and P satisfy the CRC
condition, or g,(x)I(X’M(x)+P(x)). A parity check bit stream
may also be called a parity block, a parity check block, or a
CRC block. For each message block M, it may be proved
that there is only one corresponding parity check bit stream
P. The proof is understood by one skilled in the art and is not
discussed in detail herein.

According to the standard CRC method, parity check bit
stream P may be generated using either hardware or soft-
ware. Examples of hardware implementations are shown in
FIGS. 1-2, and an example of a software implementation is
shown in FIG. 3. Both FIGS. 1 and 2 assume 1=8 and CRC
generating polynomial g,(x)=x®+x”+x*+x>+x+1.

FIG. 1 illustrates a first hardware implementation of
generating parity check bit stream P. Referring to FIG. 1, a
feedback shift register circuit 100 is used for generating
parity check bit stream P based on CRC generating poly-
nomial g,(x)=x®+x”+x*+x +x+1. Circuit 100 includes a plu-
rality of delay circuits 102, which may be implemented as
flip-flops. The number of delay circuits 102 is equal to the
order of g(x), i.e., I=8. Thus, in FIG. 1, there are 8 delay
circuits, 102, 102, . . ., 102,. Several XOR gates 104 are
inserted between delay circuits 102. Each XOR gate 104
corresponds to a coefficient of CRC generating polynomial
g,x). For example, as shown in FIG. 1, an XOR gate 104,
to the left side of the first delay circuit 102, indicates that the
coeflicient of x°=1 of g,(x) is 1; the absence of XOR gate 104
between delay circuits 102, and 1025 indicates that the
coeflicient of x* of g(x) is 0; and an XOR gate 104, between
delay circuits 102, and 102, indicates that the coeflicient of
x” of g/(x) is 1. A clock signal (not shown) shifts register
circuit 100 from left to right one bit at a time. Also shown
in FIG. 1 is that the output of delay circuit 102, is fed back
to each of XOR gates 104,-104,. The parity check bit
stream P is generated by feeding into the left side of circuit
100 the message block M followed by eight bits of 0. The
output of delay circuit 1024 then comprises message block
M followed by its corresponding parity check bit stream P.

A second hardware implementation of generating parity
check bit stream is illustrated in FIG. 2. Similarly, a feed-
back shift register circuit 200 includes a plurality of delay
circuits 202, each of which may be implemented as a
flip-flop circuit. Several XOR gates 204 are inserted
between delay circuits 202 according to CRC generating
polynomial g,(x). However, as compared to FIG. 1, an XOR
gate 204 is added to the right end of circuit 200, rather than
the left end of circuit 200, and the message block M is input
into the rightmost XOR gate 204. A switch 206 switches the
output of feedback shift register circuit 200 between mes-
sage block M and the output of the rightmost XOR gate 204.
Feedback shift register circuit 200 first outputs message
block M and then outputs the parity bits by switching switch
206 to the output of the rightmost XOR gate 204.

FIG. 3 illustrates a software implementation of generating
parity check bit stream P. Rather than generating the parity
check bit stream P bit by bit, a lookup table is used in the
software implementation. The lookup table contains an
entire list of CRC bit streams for all possible messages of a
certain length. For example, when 1=8, the lookup table
includes 28=256 entries of CRC bit streams, each bit stream
containing eight binary bits. As shown in FIG. 3, a message
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including 3 bytes (24 bits), Byte 1, Byte 2, and Byte 3, is
encoded using the lookup table. At step 302, Byte 1 is
considered and the lookup table is searched for a matching
entry for Byte 1. An XOR operation is performed on the
outcome of the search and Byte 2 at step 304 to generate an
intermediate CRC bit stream CRC 2. An entry that matches
CRC2 is looked up in the lookup table (step 306) and is
XOR’ed with Byte 3 (step 308), to generate the CRC bit
stream, CRC 3, of the message.

The above three implementations will be readily under-
stood by one skilled in the art and, therefore, the details
thereof are not further discussed herein.

After the parity check bit stream P is generated, the parity
check bits thereof are appended to the end of the message
block M to form a concatenated bit stream C including k+1
bits, m,_, my_,, . .., My, P;_;, Prss - - - » Po- In view of the
above conditions, g,(x) divides C(x)=xM (x)+P(x).

For each message block contained in the message, the
above encoding process is repeated to generate a corre-
sponding concatenated bit stream, and a data bit stream
including the concatenated bit streams and length informa-
tion of each message block are then transmitted through a
data channel and a control channel, respectively.

At the receiver side, both the data bit stream and the
length information are received. A received message block
M' and a parity check bit stream P' are extracted based on the
length information, wherein M' includes k bits, m';_;, m';_,,
..., m'y, and P" includes 1 bits, p',_j, p';_s, - - . s P'o- The
receiver then performs a so-called CRC test to determine if
M' and P' satisfy the CRC condition. If the condition is
satisfied, then the message block is received with no error.

A system using a separately designated control channel
for transmitting length information as discussed above could
be very inefficient when the data rate is slow. For example,
in a standard UMTS (universal mobile telecommunications
system) WCDMA (wideband code division multiple access)
mode, AMR (Adaptive Multi-Rate) 12.2 kbps mode, the
overhead for transmitting the length information may be as
large as 3 kbps, or almost 25% of the total transmission rate
of 12.2 kbps.

To reduce the overhead incurred by separately transmit-
ting the length information, there has been proposed a CRC
method (hereinafter “standard CRC method”) that uses the
CRC bits for message length detection, rather than trans-
mitting the length information of each message block
through a separate channel. According to the standard CRC
method, the transmitter only transmits the data bit stream,
and the receiver receives the data bit stream with no length
information. Thus, the receiver may not directly identify the
message blocks or extract the message. Instead, the receiver
repeats a trial-and-error step to search the received data bit
stream for a pair of message block and parity check bit
stream that satisfy the CRC condition. First, the receiver
guesses a number, for example, K, as the block length, and
treats the first K bits of the received bit stream as the message
block, and the following 1bits as parity check bit stream. The
receiver then performs the CRC test to determine if the
guessed message block and the guessed parity check bit
stream satisfy the CRC condition. If the result is affirmative,
the receiver has successfully identified a message block and
continues to identify the next message block. Otherwise, the
message block has not been identified, the guessed block
length K is increased by 1, and the CRC test is repeated.
Theoretically, after a few trials, the correct message block
will be identified.

However, the standard CRC method has an inherent
problem of probable false detection. Assuming a noise-free
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4
transmission and a uniformly distributed message, the prob-
ability of a false detection by the standard CRC method is
given by Expression (1):

0 for i =0; 08
Pe()=427, forl=isi-1;
2 foriz|,

wherein i=k-K is the message length offset. A brief
explanation of Expression (1) is provided below.

Since the transmission is assumed noise-free, all the bits
transmitted are received without error. Therefore, if i=k-
k=0, the CRC condition is satisfied and a correct message
block is identified. No false detection occurs, i.e., P-(0)=0.

If i=k-k=1, the wrongly guessed message block M'
includes k-1 bits, m,_,, m,_,, . . ., m, and the guessed
parity block P' includes 1 bits, mg, p,_1, py_2s - - - 5 P;- The
CRC test therefore decides whether g/(x) divides

C@) =AM @)+ P (%)

Frk=2 f+k=3

=myp_1X + My 2 X 1

+... +m1xl+m0xl’ +

3

-2 -
Pi-1X T piaXx T+ 4P

Because ged(g(x),x)=1, deciding whether g,(x)IC'(x) is
equivalent to deciding whether g(x)xC'(x). Comparing
C'(x) with C(x), there is xC'(x)=C(x)-p,. Thus, if p,=0,
because g(x)IC(x), then g,(x)xC'(x), and g,(x)IC'(x). The
receiver regards the wrong message block M' as the correct
message block, and there is a false detection. Otherwise, if
po=1, the CRC condition is not satisfied, the receiver con-
cludes that M' is not the correct message block, and there is
no false detection. For a uniformly distributed message, the
probability of p,=0 is %4, and, therefore, the probability of a
false detection is Y5

Similarly, if 1<i=i-1, the wrongly guessed message block
M’ includes k—i bits, m,_,, m;_,, . .., m,, and the wrongly
guessed parity block P' includes 1 bits, m, |, m, ,, ..., m,,
Diits Pias - - - » Prr The CRC test therefore decides whether
g,(x) divides

CW =AM x+P @

—ith-1

=y X =i

a2 L med T

+my_n

{=i-1 A=i-2
Pr-1X + praXx .o+ P

Comparing C'(x) with C(x), there is

i-1
*#C(x) = Clx) - Z pix).
=0
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Because the order of g,(x), 1, is greater than 1, g,(x) does not
divide

i-1
> i,
=0

unless pe=p,;=. . . =p,_;=0. Further because g,(x)IC(x), and
ged(g,(x),x)=1, g,(x)IC'(x) is satisfied only when p,=p,= . .
. =p,_,=0. Thus, the probability of a false detection when
1<i=1-1 is equal to the probability of p,=p,=. .. =p,_,=0,
which, for a uniformly distributed message, is 27,

Finally, if 121, the guessed message block M' includes k-i
bits, m,_,, m, ,, ..., m, and the guessed CRC bit stream
P'includes, m,_,, m, ,, . . ., m,_,. Since there is only one
possible CRC bit stream that corresponds to M, the prob-
ability of P' satisfying the CRC condition of g,(x)I(x'M'(x)+
P'(x)), i.e., the probability of a false detection, is 2~/ for a
uniformly distributed message block.

FIG. 4 shows a simulation result of the probability of
passing the CRC test for the standard CRC method with
different guessed message lengths. The simulation condi-
tions include that the order of the CRC generating polyno-
mial is 8 and that the actual message length is 15. As shown
in FIG. 4, as the estimated message size approaches the
actual message length, i.e., the length offset i approaches O,
the probability of passing the CRC test increases exponen-
tially.

In view of the large probability of false detection for a
standard CRC method, a modified CRC method with a
reduced probability of false detection has been proposed by
NTT DoCoMo, Inc., and may be referred to as the DoCo-
Mo’s Modification of the CRC method. According to the
DoCoMo’s Modification, after the parity check bit stream P
is generated, the parity check bits are appended to the
message block in a reversed order, to form a concatenated bit
stream, m,_,, My ,, ..., My, Po; Py - - - s Pi—y- F1G. 5 shows
simulation results for the DoCoMo’s Modification as com-
pared to the standard CRC method. The conditions are the
same as those in FIG. 4, i.e., the order of the CRC generating
polynomial is 8 and the actual message length is 15. As
shown in FIG. 5, the probability of passing the CRC test, i.e.,
the probability of false detection is reduced to 27 for all
message length offset i>0.

SUMMARY OF THE INVENTION

The present invention provides for a modified CRC
method for message length detection having a low probabil-
ity of false detection.

In accordance with the present invention, there is pro-
vided a method for a variable-length communications sys-
tem, wherein messages to be transmitted are divided into
variable-length message blocks. The method includes pro-
viding a cyclic redundancy check (CRC) generating poly-
nomial, providing a binary flip polynomial, and encoding a
message block of a message to be transmitted. The message
block is encoded by generating a parity check bit stream
using the CRC generating polynomial, flipping the parity
check bit stream to generate a flipped parity check bit stream
using the flip polynomial, and appending the flipped parity
check bit stream to the end of message block to create a
concatenated bit stream.

In accordance with the present invention, there is also
provided a method for a variable-length communications
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6

system, wherein the system includes a receiver. The method
includes storing in the receiver information of a cyclic
redundancy check (CRC) generating polynomial and infor-
mation of a flip polynomial, receiving a data bit stream
including a plurality of concatenated bit streams, each
concatenated bit stream consisting of a message block and a
corresponding flipped parity check bit stream; and identify-
ing a first message block in the data bit stream. The first
message block is identified by (a) guessing a message block
and a flipped parity check bit stream at the beginning of the
data bit stream, (b) generating a parity check bit stream for
the guessed message block using the CRC generating poly-
nomial, (c) flipping the parity check bit stream using flip
polynomial to generate a flipped parity check bit stream, and
(d) if the flipped parity check bit stream and the guessed
flipped parity check bit stream are different, increasing k by
1 and repeating steps (a)—(c).

In accordance with the present invention, there is further
provided a method for a variable-length communications
system including encoding a message and decoding a data
bit stream, wherein the message includes a plurality of
message blocks. A message block of the message is encoded
by generating a parity check bit stream, flipping the parity
check bit stream, and appending the flipped parity check bit
stream to the end of the message block. When a data bit
stream 1s received, a guessed message block and a guessed
flipped parity check bit stream are extracted based on a
guessed message block length. A parity check bit stream is
generated for the guessed message block and then flipped. If
the flipped parity check bit stream is the same as the guessed
flipped parity check bit stream, the message block has been
identified. Otherwise, the guessed message block length is
increased by 1 and the above step is repeated.

Additional features and advantages of the invention will
be set forth in part in the description which follows, and in
part will be obvious from the description, or may be learned
by practice of the invention. The features and advantages of
the invention will be realized and attained by means of the
elements and combinations particularly pointed out in the
appended claims.

It is to be understood that both the foregoing general
description and the following detailed description are exem-
plary and explanatory only and are not restrictive of the
invention, as claimed.,

BRIEF DESCRIPTION OF THE DRAWINGS

The accompanying drawings, which are incorporated in
and constitute a part of this specification, illustrate embodi-
ments of the invention and, together with the description,
serve to explain the objects, advantages, and principles of
the invention.

In the drawings,

FIG. 1 illustrates a first hardware implementation of
generating a parity check bit stream according to the stan-
dard CRC method;

FIG. 2 illustrates a second hardware implementation of
generating a parity check bit stream according to the stan-
dard CRC method;

FIG. 3 illustrates a software implementation of generating
a parity check bit stream according to the standard CRC
method;

FIG. 4 shows simulation results of the standard CRC
method;

FIG. 5 shows simulation results of the DoCoMo Modi-
fication of the CRC method;



US 7,240,273 B2

7

FIG. 6 illustrates a first hardware implementation of
generating a flipped parity check bit stream according to the
present invention;

FIG. 7 illustrates a second hardware implementation of
generating a flipped parity check bit stream according to the
present invention;

FIG. 8 illustrates a software implementation of generating
a flipped parity check bit stream according to the present
mvention; and

FIG. 9 shows simulation results of the present invention
as compared to the standard CRC method and the DoCo-
Mo’s Modification method.

DESCRIPTION OF THE EMBODIMENTS

Reference will now be made in detail to preferred
embodiments of the invention, examples of which are illus-
trated in the accompanying drawings. Wherever possible,
the same reference numbers will be used throughout the
drawings to refer to the same or like parts.

Embodiments consistent with the present invention pro-
vide a modified CRC method for message length detection
having a low probability of false detection. More particu-
larly, methods consistent with the present invention have a
zero probability of false detection for any message length
offset that is less than the number of CRC bits utilized in the
system for each message block.

Methods consistent with the present invention are suitable
for use in a variable-length communications system, which
includes a transmitter and a receiver. A message to be
transmitted may include a number of message blocks having
non-fixed lengths. Each message block is encoded and
transmitted by the transmitter. When the receiver receives
the encoded message blocks, each message block is decoded
and the message is extracted. Since the method of encoding
and decoding is the same for all the message blocks, only
one message block M including k bits, m,_,. m,_,, . . .,
my,_;, my, is considered in the following description.

For illustration purposes, a binary polynomial is defined
for each binary bit stream as follows: if a binary bit stream
A includes t binary bits, a,_;, a, 5, . . . , a5, Wherein t is an
integer, the binary polynomial of A is denoted as A(x) and
A(X)=a,_ X" +a, X2+ ... +a,. It is assumed that, unless
otherwise indicated, hereinafter, when two binary polyno-
mials are added, coefficients of the two polynomials corre-
sponding to the same power are added according to a
modulo-2 addition operation. A modulo-2 addition is defined
as a binary addition with no carry, for example, 0+1=1, and
1+1=0. Thus, if bit stream B includes s binary bits, b,_;,
b, 5, . . ., by, then, assuming s<t,

AEHBx)=a, x a, o 2+ L +axHa,+h,_ )
X (a,_o#b, )X 24 L Hagrby),

wherein a+b, gives the result of modulo-2 addition of a, and
b, for 0=i=s-1. It also assumed that, unless otherwise
indicated, hereinafter, when two binary bit streams are
added, the corresponding bits of the two bit streams are
added according to modulo-2 addition operation. It is also
well known to one skilled in the art that, according to the
definition of modulo-2 addition, there are a+b+b=a, A+B+
B=A, and A(x)+B(x)+B(x)=A(x), wherein a and b are binary
bits, and A and B are binary bit streams.

A method consistent with the present invention starts by
choosing two binary polynomials, a CRC generating poly-
nomial (hereinafter “CRC polynomial™), g(x), and a flip
polynomial fi(x). CRC polynomial g,(x) has an order of I,
and flip polynomial f,(x) has an order of 1-1, wherein 1 is an
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integer. In one aspect, ged(g,(x),x')=1 for each and every
0=i=1, wherein i is an integer, and ged(g,(x),x’) is the
greatest common divider of g(x) and x. Examples of
suitable g,(x) include g,(x)=x* > +x*+x+1 for I=4; g, (x)=
X 4x%x*+1 for 1=7; go(x)=x+x +x 4 +x4+1 for 1=8; and
g,,(0=x"24x " s +x +x+1 for 1=12. Flip polynomial f;(x)
may be expressed as £,(x)=f,_ x'+f,_,x+.. . +f,, wherein
££{0,1} for 0=1=1. The coefficients of flip polynomial £,(x),
namely, f,_, f,_,, . .., f;, may be referred to as flip bits. The
information of CRC polynomial g,(x) and flip polynomial
f(x) is stored in both the transmitter and the receiver.

For illustration purposes, a binary bit stream A is said to
satisfy the CRC condition if g(x) divides A(x), or g(X)IA(x);
and two binary bit streams A and B are said to satisfy the
CRC condition if g(x) divides X’ A(x)+B(x), or g(x)I(x’A
(x)+B(x)), wherein s is the number of bits contained in bit
stream B.

On the transmitter side, an encoding process first gener-
ates a parity check bit stream P including 1 parity check bits,
or CRC bits, p,_1, Pras - - - » Doy such that M and P satisfy
the CRC condition, or g,(x)(x'M(x)+P(x)), wherein M(x)=
1, X m, X+ +m,, and PX)=p,_x"'+
0,X"2+ . .. + p,. Parity check bit stream P may also be
referred to as a parity check block, a parity block, or a CRC
block. One skilled in the art will now appreciate that each
message block M corresponds to only one unique parity
check bit stream P.

The encoding process then flips the parity check bits
according to flip polynomial fi(x), or, specifically, by per-
forming a modulo-2 addition of each bit in the parity check
bit stream P and a corresponding flip bit. The resultant
flipped parity check bit stream P thus includes 1 flipped
parity check bits: p, =p,_,+f_ 1, PraPiothiss - - -,
Po=po+ly In effect, if £=1, then p; is the flip of p;; if f,=1,
then p, is the same as p,.

Then, the flipped parity check bits are appended to the end
of the message block to form a concatenated bit stream C
including k+1 bits, m,_,, m;_,, . . ., Mg, Pr_1> Przs - - - » Po

Consistent with the present invention, the flipped parity
check bits may be generated through hardware or software.
FIG. 6 illustrates a first hardware implementation for gen-
erating the flipped parity check bits consistent with the
present invention. Referring to FIG. 6, a feedback shift
register circuit 600 is used for generating flipped parity
check bit stream P based on CRC generating polynomial
g, +x +x x> +x+1. Circuit 600 includes a plurality of
delay circuits 602, which may be implemented as flip-flops.
The number of delay circuits 602 is equal to the order of
g,(x), i.e., I=8. Thus, in FIG. 6, there are 8 delay circuits,
602,. 602,, ..., 602,. Several XOR gates 604 are inserted
between delay circuits 602. Each XOR gate 604 corresponds
to a coeflicient of CRC generating polynomial g(x). For
example, as shown in FIG. 6, an XOR gate 604, to the left
side of the first delay circuit 602, indicates that the coeffi-
cient of x°=1 of g,(x) is 1; the absence of XOR gate 604
between delay circuits 602, and 602, indicates that the
coefficient of x* of g,(x) is 0; and an XOR gate 604 between
delay circuits 602, and 602, indicates that the coeflicient of
x” of g,(x) is 1. An XOR gate 604, is also coupled XOR the
output of delay circuit 602, with the message block M
followed by flip bits f,_,, f, ,, . . ., f,. According to the
expression for f)(x) previously described and as shown in
FIG. 6, f,(x)=x"+1. Thus, the corresponding 8 flip bits are
10000001. A clock signal (not shown) shifts register circuit
600 from left to right one bit at a time. Also shown in FIG.
6 is that the output of XOR gate 604 is fed back to each of
XOR gates 604,-604,. A switch 606 switches the output of
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feedback shift register circuit 600 between message block M
and the output of XOR gate 604,. Feedback shift register
circuit 600 first outputs message block M and then outputs
the flipped parity bits by switching switch 606 to the output
of XOR gate 604.

A second hardware implementation for generating flipped
parity check bit stream P consistent with the present inven-
tion is illustrated in FIG. 7. As shown in FIG. 7, a feedback
shift register circuit 700 includes a plurality of delay circuits
702, each of which may be implemented as a flip-flop
circuit. Several XOR gates 704 are inserted between delay
circuits 702 according to CRC generating polynomial g,(x).
Two XOR gates 704, and 704, are added to the left and right
ends of circuit 700, respectively. The message block M is
input into XOR gate 704,, and the rightmost delay circuit
702 outputs message block M and its corresponding parity
check bit stream P. XOR gate 704, then flips the parity check
bit stream P using the flip bits, f,_, f, 5, . . ., f, to generate
the flipped parity check bit stream P. It is also assumed in
FIG. 7 that the flip polynomial is fy(x)=x"+1, and therefore
the flip bits are 10000001.

FIG. 8 diagrammatically illustrates a software implemen-
tation of generating flipped parity check bit stream P,
wherein a lookup table is used in the software implemen-
tation. The lookup table contains an entire list of CRC bit
streams for all possible messages of a certain length. For
example, when |=8, the lookup table includes 2°=256 entries
of CRC bit streams, each bit stream containing eight binary
bits. As shown in FIG. 8, a message including 3 bytes (24
bits), Byte 1, Byte 2, and Byte 3, is encoded using the lookup
table. At step 802, Byte 1 is considered and the lookup table
is searched for a matching entry for Byte 1. An XOR
operation is performed on the outcome of the search and
Byte 2 at step 804 to generate an intermediate CRC bit
stream CRC 2. An entry that matches CRC2 is looked up in
the lookup table (step 806) and is XOR’ed with Byte 3 (step
808), to generate the CRC bit stream, CRC 3, of the
message. Further, CRC 3 is flipped using the flip bits. It is
also assumed in FIG. 8 that the flip polynomial is f,(x)=x"+
1, and therefore the flip bits are 10000001.

As discussed above and shown in FIGS. 6-8, the genera-
tion of the flipped parity check bits consistent with the
present invention can be easily implemented. With the
exception that the second hardware implementation as
shown in FIG. 7 may have approximately the same com-
plexity as a similar implementation of DoCoMo’s modifi-
cation, implementations of DoCoMo’s modification are gen-
erally much more complex than those consistent with the
present invention and the standard CRC method.

The same encoding process as above is performed to
generate a concatenated bit stream for each of the other
message blocks in the message, and a data bit stream
including the resultant concatenated bit streams in series is
transmitted.

When the receiver receives a data bit stream including at
least one concatenated bit stream, a decoding process is
performed to identify the first message block in the data bit
stream. After the first message block is identified, the first
message block and its corresponding flipped parity check bit
stream are removed from the data bit stream, and the
receiver continues to identify the first message block in the
resultant data bit stream. Thus, when the receiver starts to
decode message block M, the data bit stream includes m,_|,
m, ., ..., My Py, Prar - - - > Po followed by the
concatenated bit streams of the next message blocks.

Because the receiver does not know the actual length of
message block M, a block length k is guessed. In one aspect,
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the initial value of k is chosen to be small enough to ensure
K=Kk. The receiver treats the first kK bits in the bit stream,
my_;, My ,, ..., M, as constituting a message block M,
and the following 1 bits, m,, ,, m;; 5, . . . , My, p.,
Piez> - - - 5 Prp @s constituting the corresponding flipped
parity check bit stream P". The receiver then performs the
CRC test as follows. ;

First, a parity check bit stream P including 1 parity check
bits, P;_y, Dr_s» - - - » Doy 18 generated for the guessed message
block M' such that g,(x)I(x’M'(x)+P(x)). Second, using flip
polynomial f(x), the parity check bit stream P is flipped to
generate a flipped parity check bit stream P', which includes
1 flipped parity check bits, p',_;=p,;+1s Proa=Prat
fa oo o5 PloDoHl, Finally, the receiver compares the
flipped parity check bit stream P' with the guessed flipped
parity check bit stream . If P'=P", the CRC test is passed,
it is considered that a message block has been correctly
identified; the first k+1 bits in the bit stream, i.e., message
block M' and the flipped parity check bit stream P, are
removed from the data bit stream; and the receiver continues
to decode the first message block in the resultant data bit
stream. Otherwise, if D'=P, no message block has been
identified, the estimated block length K is increased by 1, and
the above test is repeated.

By choosing a proper flip polynomial fi(x), the CRC
method of the present invention may have a low probability
of false detection. In one aspect, flip polynomial f,(x) is
chosen such that

(L) o

deg(remainder of(
gi(x)

]]zi,forlsisl—l.

For example, when 1=8 and g(x)=x"+x+x*+x’+x+1, a
possible flip polynomial that satisfies condition (2) is f,(x)=
X+1.

Under condition (2) and the assumptions of an error-free
transmission and a uniformly distributed message, CRC
methods consistent with the present invention have a zero
probability of false detection for any message length offset
; less than the number of CRC bits, ;. In particular, the
probability of false detection is given in Expression (3):

. { 0, for0=izl-1
0= .
S P
if, and only if,
1+ xX)fi 3)
deg[remainder of(M]] =i forlzizl-1,
)

wherein i=k-k is the message length offset. A brief proof of
Expression (3) is given below.

When i=0, the guessed message block M' includes k bits,
M,_;, my_,, ..., m, and the corresponding flipped parity
check block P' includes 1 bits, p,_;, P, - - . , Po. The correct
message block is identified, CRC condition is satisfied, and
there is no false detection.

For 1=i=], the wrongly guessed message block M'
includes k-1 bits, m,_,, my_,, . . . , m,, and the wrongly
guessed flipped parity check bit stream P includes 1 bits,
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m, , M, 5, ..., My Pry Pras - - - » P;r The corresponding
guessed parity check bit stream P' is the flip of P, or, P'(x)=
P'(x)+f;(x). The CRC test thus determines whether g,(x)IC'
(x), wherein

Cx)=x'M'x)+P®

1h-2

Ath—1 +iy_pX

=my_| X +... +m0xl”'+

e LT fi).

Comparing C(x) with C(x)=x'M(x)+P(x), there is

i-1
Cl) = (C0)+ it + Y 75 + flx).

=0

Since g,(x)IC(x) and ged(g,(x),x")=1, g,x)IC'(x) is satisfied if

and only if

gi(x)

i-1
[(1 0 fi0+ Y p_jxj].

=0

But because
i-1 .
deg[Z p_jxf] <,
=0

and

1 +x')f,(x)]] .

deg(remainder of] ( -
&ilx)

(condition (2) above),

i-1
[(1 +d)fi) + ijxj]
=0

deg| remainder of| ————— =1,
¢ 200

and g,(x) does not divide

-1
(1 +x)fix) +Z;zjf.

J=0

Therefore, the probability of a false detection is 0 when
1=i=1-1 and
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deg[remainder of(w]] =

alx)

If iz 1, then the guessed message block M' includes k-i
bits, m,_,, m,_,, . . ., m, and the guessed flipped parity
check block P includes, m,_,, m, ,, ..., m, ,. Because, as
mentioned above, there is only one possible parity check
block corresponding to a certain message block M', there is
only one possible flipped parity check block that corre-
sponds to message block M'. Therefore, assuming message
block M is uniformly distributed, the probability of m,_,,
m, ,, ..., m, ,composing the flipped check parity block P
that corresponds to M, i.e., the probability of a false
detection, is 27

FIG. 9 shows a simulation result of the probability of
passing the CRC test for the CRC method consistent with the
present invention as compared to the standard CRC method
and the DoCoMo’s Modification method, wherein the dia-
mond shape symbols represent the standard CRC method,
the “+” symbols represent the DoCoMo’s Modification
method, and the square symbols represent the method con-
sistent with the present invention. The order of the CRC
generating polynomial is 8 and the actual message length is
15. Particularly, for the simulation shown in FIG. 9, g,(x)=
B+t +x+1, and £(x)=x"+1. As shown in FIG. 9, as
the estimated message size approaches the actual message
length, i.e., the length offset i approaches 0, the probability
of passing the CRC test increases exponentially for the
standard CRC method, and remains about the same (at 27%)
for the DoCoMo’s Modification method. For the method
consistent with the present invention, the probability of false
detection is 27 when the message length offset is greater
than or equal to 8 (i.e., the estimated message length is less
than or equal to 7), and is 0 when the message length offset
is less than 8. When the estimated message length is 15, i.e.,
the correct message block is identified, the probability of
passing the CRC test is 1, and there is no false detection.

It will be apparent to those skilled in the art that various
modifications and variations can be made in the disclosed
process without departing from the scope or spirit of the
invention. Other embodiments of the invention will be
apparent to those skilled in the art from consideration of the
specification and practice of the invention disclosed herein.
It is intended that the specification and examples be con-
sidered as exemplary only, with a true scope and spirit of the
invention being indicated by the following claims.

What is claimed is:

1. A method for a variable-length communications sys-
tem, wherein messages to be transmitted are divided into
variable-length message blocks, the method comprising:

providing a cyclic redundancy check (CRC) generating

polynomial g,(x), wherein 1 is an integer and is the
order of g,(x);
providing a binary flip polynomial f(x) having an order of
1-1, wherein f,x)=f,_ x"+f,_,x"2+ . .. +f,; and
encoding a message block M of a message to be trans-
mitted, wherein M includes k binary bits, m,_,,
my_,, . .., mg and wherein encoding M includes
generating a parity check bit stream P, wherein P
includes 1 parity check bits, p,_, Prs, - - - 5 Pos SUCh
that g(OIXMx)+P(x)), wherein M(x)=m*'x"'+
m, X2 4 +m,, and P(x)=p, x"'+
ProX "+ L.+ Dy,



US 7,240,273 B2

13

flipping the parity check bit stream P to generate a
flipped parity check bit stream P including 1 flipped
parity check bits p,, P, o, - - - , Po Such that
PPt PPt o L PoPots

wherein “+”is a modulo-2 addition operation, and

appending the flipped parity check bit stream P to the
end of message block M to create a concatenated bit
stream C, such that C includes k+1 bits, m,_,,
<oy Mgy Prys Pras - - -5 Por
2. The method of claim 1, wherein CRC generating
polynomial g,(x) is chosen such that ged(g(x).x")=1 for
0=i=1, wherein i is an integer.

my s, -

3. The method of claim 1, wherein flip polynomial f,(x) is
chosen such that

1 +;&)f,(x)]] .

deg(remainder of| ( —
&%)

for 1=i=1-1, wherein i is an integer.
4. The method of claim 1, further comprising repeating
the encoding to create a concatenated bit stream for each
message block of the messages to be transmitted and trans-
mitting the concatenated bit streams in series.
5. A method for a variable-length communications sys-
tem, wherein the system includes a receiver, the method
comprising:
storing in the receiver information of a cyclic redundancy
check (CRC) generating polynomial g,(x), wherein 1 is
an integer and is the order of g,(x), and information of
a flip polynomial f,(x) having an order of 1-1;

receiving a data bit stream including a plurality of con-
catenated bit streams, each concatenated bit stream
consisting of a message block and a corresponding
flipped parity check bit stream; and

identifying a first message block in the data bit stream,

including

(a) guessing a message block length k and a message
block M' consisting of the first k bits in the data bit
stream,

iy

wherein K is an integer, and wherein 1 bits in the data bit
stream that immediately follow the message block M' com-
pose a guessed flipped bit stream P',
(b) generating a parity check bit stream P including 1
parity check bits, p;_;, P;_s, - - - . Py, such that
2 (OI(X'M'(x)+P(x)), wherein

M (x) =m£71x"’1 +m,’;72)c"’2 + -+ +my, and

2 N

Py = pr ™+ px e+ By

(c) flipping the parity check bit stream P using flip
polynomial f,(x) to generate a flipped parity check bit
stream ' including 1 flipped parity check bits, §',_,,
Pz - -, P and

(d) if P' and P' are different, increasing k by 1 and
repeating (a)—(c).
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6. The method of claim 5, wherein CRC generating
polynomial g,(x) satisfies ged(g,(x),x)=1 for 0=i=l,
wherein i is an integer.

7. The method of claim 5, wherein flip polynomial f,(x)
satisfies

a +xf)f,<x)]] g

deg[remainder of(
81(x)

for 1=i=1-1, wherein i is an integer.

8. The method of claim 5, wherein the length of the first
message block is k, wherein k is an integer, and the initial
value of k is not greater than k.

9. The method of claim 5, wherein the flipped parity check
bit stream P' is generated such that

%71 = ﬁpl + fl—la %72 = ﬁpz +fl—2a s ﬁ’o = ﬁo +f0a

R

wherein “+” is a modulo-2 addition operator.

10. The method of claim 5, wherein identifying the first
message block further comprising removing the first k+1 bits
from the data bit stream when P'=P',

11. The method of claim 10, further comprising repeating
identifying the first message block in the data bit stream after
the first k+1 bits are removed.

12. A method for a variable-length communications sys-
tem, wherein the system includes a transmitter and a
receiver, wherein messages are divided into variable-length
message blocks, comprising:

providing a cyclic redundancy check (CRC) generating

polynomial g,(x), wherein 1 is an integer and is the
order of g,(x);
providing a binary flip polynomial f(x) having an order of
1-1;
storing in both the transmitter and the receiver informa-
tion of CRC generating polynomial g(x) and informa-
tion of flip polynomial f(x);
encoding a message to be transmitted by encoding each
message block M thereof, wherein encoding M
includes
generating a parity check bit stream P using the CRC
generating polynomial g(x),
flipping the parity check bit stream P to generate a
flipped parity check bit stream P using flip polyno-
mial fi(x), and
appending the flipped parity check bit stream P to the
end of the message block M to create a concatenated
bit stream C; and
transmitting the concatenated bit streams C of the mes-
sage blocks M of the message to be transmitted,

receiving a data bit stream including a plurality of con-
catenated bit streams, each concatenated bit stream
consisting of a message block and a corresponding
flipped parity check bit stream; and

decoding the data bit stream, including

identifying a first message block in the data bit stream,
including

(a) guessing a message block length k and a message
block M' consisting of the first K bits in the data bit
stream,
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k-1 i

wherein k is an integer, and wherein 1 bits in the data
bit stream that immediately follow the message
block M' compose a guessed flipped bit stream P,
(b) generating a parity check bit stream P using CRC
generating polynomial g,(x), i
(c) flipping the parity check bit stream P using flip
polynomial f,(x) to generate a flipped parity check bit
stream f", X
(d) if P' and P' are different, increasing kK by 1 and
repeating (a)—(c), and
(e) removing the first k+1 bits from the data bit stream
when P'=P', and
repeating the identifying of the first message block in
the data bit stream after the first k+1 bits are removed.
13. The method of claim 12, wherein the CRC generating
polynomial g,(x) is chosen such that ged(g,(x),x")=1 for
0=i=1, wherein i is an integer.
14. The method of claim 13, wherein the parity check bit
stream P includes 1 bits, Pris Dras - - - » Do, and is generated
such that g,(x)Ix'M'(x)+P(x)), wherein

. i1 k-2
M’(x;:méilx" +m,’:72x" + o+,
and

2 ~

P = p X 4 ppxt 4+ g
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15. The method of claim 12, wherein flip polynomial f(x)
is chosen such that

(L2 ]] L

de, (remainder of (
# 20

for 1=i=1-1, wherein i is an integer.

16. The method of claim 15, wherein the parity check bit
stream P includes 1 bits, P,_,, P, - . - » Po, Wherein the
flipped parity check bit stream includes P' including 1 flipped
parity check bits,

N 1
Pits Pigs -+ 5 Pos

and wherein the flipped parity check bit stream P' is gener-
ated such that

ﬁLI = FA7171 + fiets %72 = ﬁlfz +fi2s s i”o = i’o + fo.

ARl

wherein “+” is a modulo-2 addition operator.

17. The method of claim 12, wherein the length of the first
message block in the data bit stream is k, wherein k is an
integer, and the initial value of k is not greater than k.
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